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Abstract

The mammalian spatial navigation system is characterized by an initial divergence of internal representations, with disparate
classes of neurons responding to distinct features including location, speed, borders and head direction; an ensuing convergence finally
enables navigation and path integration. Here, we report the algorithmic and hardware implementation of biomimetic neural structures
encompassing a feed-forward trimodular, multi-layer architecture representing grid-cell, place-cell and decoding modules for navigation.
The grid-cell module comprised of neurons that fired in a grid-like pattern, and was built of distinct layers that constituted the dorsoventral
span of the medial entorhinal cortex. Each layer was built as an independent continuous attractor network with distinct grid-field spatial
scales. The place-cell module comprised of neurons that fired at one or few spatial locations, organized into different clusters based
on convergent modular inputs from different grid-cell layers, replicating the gradient in place-field size along the hippocampal dorso-
ventral axis. The decoding module, a two-layer neural network that constitutes the convergence of the divergent representations in
preceding modules, received inputs from the place-cell module and provided specific coordinates of the navigating object. After vital
design optimizations involving all modules, we implemented the tri-modular structure on Zynq Ultrascale+ field-programmable gate array
silicon chip, and demonstrated its capacity in precisely estimating the navigational trajectory with minimal overall resource consumption
involving a mere 2.92% Look Up Table utilization. Our implementation of a biomimetic, digital spatial navigation system is stable, reliable,
reconfigurable, real-time with execution time of about 32 s for 100k input samples (in contrast to 40 minutes on Intel Core i7-7700 CPU
with 8 cores clocking at 3.60 GHz) and thus can be deployed for autonomous-robotic navigation without requiring additional sensors.
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1 Introduction
Efficient spatial navigation is extremely essential for the survival of most animals and insects as these organisms actively
navigate through the environment in search of food, mating partners or favourable surroundings. The spatial navigation
system of the brain comprised of multiple brain regions including the hippocampus, the entorhinal and retrosplenial
cortices [1]–[8]. These brain regions are equipped with numerous spatially selective cell types such as grid cells [5], [6],
place cells [2], [3], head-directions cells [9], [10], boundary-vector or border cells [11], [12] and many more [13], [14].
Specifically, grid cells, which exhibit multiple firing fields in a regular hexagonal or triangular pattern in open spaces, have
been implicated in path integration [6], [15]–[20]. Place cells, on the other hand, exhibit single or few firing fields in the
explored environment and are considered to encode the current location of organisms with respect to the environment [2],
[3], [21]–[26]. Together, interactions among these cells have been postulated to guide the computation of current location
of an organism even in the absence of sensory inputs by using self-motion cues [27]–[29]. Of the many models which can
produce grid cells firing pattern [17], [18], [30]–[36], experimental studies provide strong lines of evidence in support of
a continuous attractor network (CAN) model for explaining the grid cell activity [37]–[39]. Therefore, the CAN model is
a widely accepted model to describe the grid cell activities as well as used to further understand the nuances associated
with grid cell computation and path integration [39]–[45]. But, being a network model with huge synaptic connectivity,
the computation time often becomes unrealistic, especially for large networks. Hence, there is a need to develop real-
time computing hardware implementation of network of grid cells and place cells. From the applications standpoint of
autonomous robotic navigation, which requires constant update about novel environments, a model for spatial navigation
needs to include computations based on both grid cells and place cells. There have been prior attempts for implementing
both, the grid cell activity individually or the complete models of spatial navigation on hardware. But, most of the grid
cell hardware implementations lack the physiological details present in the brain especially in terms of the emergence of
grid cells within a continuous attractor network framework [46]–[57]. Lastly, brain-inspired computation often provides an
optimal solution for computational problems such as autonomous robotic spatial navigation. In this study, we report the
successful development of a model for spatial navigation based on grid cell activity derived from a CAN model and place
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cell activity derived from the modular inputs from these grid cells. We test this model for decoding efficiency of location
tracking in arbitrary arenas and ultimately implement the model employing field programmable gate array (FPGA) based
hardware.

Prior hardware implementations have either taken an analog approach [51], [55] or have not implemented the complete
models for spatial navigation [51], [53]. Aggarwal [55] built the silicon hippocampal formation with three analog chips,
a strip ring chip, a grid cell chip based on the GRIDSmap model and the place chip based on Bayesian integration. Our
design utilizes time-multiplexing of neurons and uses a small number of LUTs. The entire design fits on the same FPGA
fabric, thereby avoiding off-chip communication. Massoud and Horiuchi [51] implemented an analog VLSI circuit that just
generates the hexagonal or triangular grid pattern using continuous attractor dynamics. While analog designs are limited
by accuracy, precision, scalability and are not immune to process variations, our digital implementation of the spatial
navigation system on FPGA overcomes these drawbacks. Furthermore, our design has the complete model of grid cells,
place cells, and a decoding module that is capable of learning new paths and predicting the animal’s position in space.

1.1 Our contribution
The work presented here has two significant contributions: (i) We propose a novel, brain-inspired spatial navigation model
employing grid cells and place cells, (ii) We develop a hardware architecture to implement the proposed spatial navigation
model on FPGA.

To begin with, we present the top-level architecture of the proposed brain-inspired spatial navigation model consisting
of a grid cell, place cell, and a decoding module. The grid cell activity is modelled using Continuous Attractor Network
(CAN) model. We propose certain enhancements to the current CAN model by introducing a novel step-like ring of
inhibitory connectivity to regulate the neuron’s outgoing weights. The CAN model with this type of connectivity has
never been implemented on hardware before. Compared to the conventional "Mexican-Hat" connectivity, the proposed
connectivity has low computational cost and can be easily implemented on hardware. Next, we introduce a place module
that integrates modular inputs from grid cells, and the decoding module implemented using a two layer neural network to
predict the trajectory explored in an arena using place cell inputs. Our architecture offers the complete spatial navigation
model of grid cells, place cells and a decoding module which is not proposed in the prior studies.

We then present the hardware architecture for individual modules of the proposed model. The key features of the
proposed architecture are:
� Low resource utilization: We leverage on the high speed of modern FPGAs to process large number of neurons without

substantially increasing hardware resources, by incorporating time-multiplexing approach. Using this technique, it is not
necessary to implement all neurons physically on silicon, instead we implement few neurons on hardware and re-use the
same to emulate all neurons in time, thus saving the resource utilization on the hardware. Further the multiplication of
the synaptic inputs with synaptic weights are replaced by the shift operation inside the grid cell and place cell modules.
This multiplier-less design strategy helps in reducing FPGA resources substantially.

� Reliability: Our system is a fully digital design and is largely immune to process variations and device mismatch, which
are the key problems faced by large-scale analog and mixed-signal designs.

� Real-time: Contrary to software-based implementations, our FPGA-based model can perform computations in real-time,
enabling the system to be deployed for robotic navigation application.

� Flexibility: Owing to the programmable nature of FPGA the design can be easily reconfigured for different configurations.
We have successfully implemented the proposed spatial navigation model on Zynq Ultrascale+ FPGA. The architectures

presented here have contributed to the development of the first fully digital hardware (FPGA) prototype for the spatial
navigation using grid cells and place cells. The rest of the paper is organised as follows: We provide the top-level
architecture of the proposed model and explain the mathematical formulation of grid cells and place cells in Section 2. The
architectures for implementing the proposed model on hardware is provided in Section 3. Sensitivity analysis, evaluation of
decoding efficiency and the FPGA resource utilization of the proposed model is provided in Section 4. Section 5 concludes
the paper and presents the potential implications of this work and future outlook.

2 Methods and materials
2.1 Virtual trajectories
Simulation and analysis of grid cell activity with a Continuous Attractor Network (CAN) model requires a rat trajectory in
a large open field (3�3 m of square arena and 3 m diameter of the circular arena for our analysis). But trajectories recorded
from real rat run in an open arena are often very slow and require a lot of time to explore the whole arena. Additionally,
running such a long simulation for a huge network with extensive connectivity, such as in the CAN model, becomes very
difficult. Hence to reduce the time of simulation and computation, we employed virtual trajectories developed earlier [58]
using the following algorithm:
1) Rat starts at (x0 = 1; y0 = 1) of square or circular arena.
2) The initial distance (d0) covered by the rat is picked from a uniform distribution (d0 2 (0; 0:004)) and the initial angle

(A0) is picked from a uniform distribution (A0 2 (0; 2�)).
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3) The coordinates of �rst step of rat movement x1 and y1 are calculated by:

x1 = x0 + d0sin (A0)

y1 = y0 + d0cos(A0)

4) Afterwards, at each time step, a random variable denoting distance is picked from a uniform distribution (dt 2
(0; 0:004)) and another random variable denoting the angle of movement is picked from another uniform distribution
of (A t 2 (�= 36; �= 36)). The new coordinates are updated by:

x t = x t � 1 + dt sin (A t )

yt = yt � 1 + dt cos(A t )

5) If x t and yt are more than the bounds of the arena (3 � 3 m of square arena and 3 m diameter of the circular arena), the
dt and A t are re-picked until the x t and yt are inside the bounds of the arena.

6) If rat is near the boundary of arena, the A t random variable was picked from a uniform distribution of (A t 2 (0; 2� ))
instead of uniform distribution of (A t 2 (�= 36; �= 36)). This additional constraint ensured that at the edges of arena
there is enough turn in the trajectory to mimic real rat run in an open arena [58].

In a previous study [58], it has been shown that these virtual trajectories closely mimic the real rat trajectories and provides
better control over simulation parameters. The need, and preference over completely randomized movement, for these
rat-like trajectories arose from the requirement for head direction inputs for grid cell computation [30]. In the absence of
such smooth rat-like trajectories, the head direction cells would provide inputs to the grid cells that are drastically changing
every timestep of the simulation, thus destabilizing grid cell activity. 20 such virtual trajectories, with different seed values,
in open square arena of size3 � 3 m and one 3 m diameter circular arena were employed with above given equation and
used in this study.

2.2 Top level architecture

There are three distinct modules in this spatial navigation model, namely, the grid cell module, the place cell module and a
decoding module as shown in Fig. 1. The input to the model is velocity V = [ Vx ; Vy ], where Vx and Vy are the components
of velocity along x and y axes. The grid cell module includes multiple layers of grid cell networks, broadly mapping on
to the dorso-ventral axis of the medial entorhinal cortex. Speci�cally, there is experimental evidence that grid cells in the
MEC are arranged in increasing order of grid �eld size and spacing along the dorso-ventral axis [59]–[62]. To replicate this
biological feature in our model, we designed different layers of grid cell network to be endowed with unique grid �eld size
and spacing, with systematic increase in these grid cell properties to re�ect the dorso-ventral arrangement in rodents. To
accomplish this, we simulated grid cell activity in each of these layers (number of grid cell network layers are �ve, unless
speci�ed) using independent continuous attractor network models with different parametric regimes. It is known that the
grid cell macroscopic modules along the dorsoventral axis have increase in grid �eld size and spacing in progressive ratio
of 1.4 to 1.7. We have adjusted the width of inhibitory connection within the grid cell network to maintain this spatial
period ratio [63]–[67].

Turning to the place-cell module which represents hippocampal neurons, it is known that similar dorso-ventral
modularity exists in size of �ring �eld of hippocampal place cells, with ventral neurons exhibiting larger place �eld
sizes [68]. To mimic this, we imposed modular connectivity from the grid-cell network layers to neurons in the place-cell
modules along the dorso-ventral axis. Although neurons within the continuous attractor models of individual grid-cell
layers were endowed strong connectivity, neurons within the place-cell modules did not possess recurrent connectivity.
Each place cell receives one input from each grid cell layer which ultimately provides input to decoding module. The
decoding module was designed as two-layer neural network with one hidden layer and an output layer. The hidden layer
was composed of 150 neurons and the output layer consists of 2 neurons to estimate the position ẑ = ( x̂; ŷ) in a 2D
Cartesian co-ordinate system.

2.3 Grid cell module: CAN model for grid cell activity

Grid cell activity is simulated using a modi�ed version of a 2D continuous attractor model developed by Burak and Fiete
[30]. Here, we have explained the CAN model brie�y and with appropriate modi�cations. The rate-based neurons in the
network are recipient of inputs from two sources, namely, the feed-forward velocity dependent input and intra-network
synaptic inputs. The intra-network synaptic inputs follow centre-shifted “Mexican Hat” or “centre-surround” connectivity
in a toroidal network. If we assume the network to be a 2D sheet (open up the toroid), the network size for each grid-cell
layer, unless stated otherwise, is 30� 30 = 900 neurons (n � n = N ). Each neuron in the network layer is endowed with
a preferred direction � i or assumed to receive selective inputs from head direction cell with preferred direction � i . � i can
take values of 0; �= 2; � and 3�= 2 depicting east, north, west and south respectively. These four types of direction speci�c
cells (repeating local block of four cells with each direction) further uniformly tiled the entire network. The classical way
to introduce Mexican Hat connectivity is to employ the difference of Gaussians:

Wij = W0(x i � x j � l ê� j ) (1)
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Fig. 1: Top level architecture comprising of the grid-cell, the place-cell and the decoding module. (A) A schematic illustration
of rodent brain highlighting the hippocampus (blue) and the medial entorhinal cortex (MEC) (red). (B) Top level architecture
for the proposed brain-inspired trimodular model of spatial navigation. The velocity inputs of a virtual rodent or object
navigating in an open arena are fed into the �rst module of the model, a multi-layer, continuous attractor network based,
grid-cell module (red, dashed box). The modular outputs from the different layers of grid-cell module are integrated in
individual cells of place-cell module (blue, dashed box). A two-layer neural network received inputs from individual cells
of the place-cell module and provide the predicted coordinate of navigating virtual rodent or object, is used as decoding
module (magenta, dashed box). (C) The example outputs of the three modules are depicted as grid cell spikes (red, left)
from a single neuron in the grid-cell module, place cell spikes (blue, centre) from a single neuron in the the place-cell
module and the predicted trajectory using decoding module (magenta, right). The original trajectory of navigating rodent
or object in an open arena of 3 � 3 m is shown with grey colour.

where,
W0(x) = ae� 
 j x j2

� e� � j x j2
(2)

Wij represents the synaptic weight from neuron j to i . This weight matrix was endowed with center-surround connectivity,
with center shifted by x � l ê� j . a = 1 (a = 1 de�nes an all-inhibitory network, a > 1, suggests excitatory connections in
addition to inhibitory connections), 
 = 1 :1 � � , � = 3=� 2, where � is the periodicity of the lattice in the neural sheet
and ê� j de�nes the unit vector pointing along the � j direction. However, as the aim of this study is to implement this type
of grid cell computation on a neuromorphic hardware setup, implementing such a difference of Gaussians weight matrix
on hardware is computationally very expensive. Hence, we developed a novel abstraction to implement centre-surround
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Fig. 2: Network connectivity for emergence of grid cell activity: 2D (top) and 1D (bottom) schematic depiction of the
outgoing weights of a neuron in the network. All neurons in the network have same outgoing connectivity pattern except
the individual direction preference dependent asymmetry. (A) Mexican-Hat Connectivity with � = 3=� 2; where � de�nes
the periodicity of triangular or hexagonal repetitive activity pattern formed on neural lattice. (B) Step-like ring of inhibitory
connectivity with j� 1 � � 2j de�nes the periodicity of triangular or hexagonal repetitive activity pattern formed on neural
lattice.

connectivity whereby we replaced the Mexican-Hat weight matrix with a “step-like” ring of inhibitory connectivity:

W0(x) =

(
� !; if � 1 � j xj � � 2:
0; otherwise:

(3)

where, ! is the depth of “step-like” ring of inhibitory connectivity and denotes the strength of inhibitory synaptic weight.
� 1 and � 2 denotes the inner and outer radius of ring of inhibition from the center of a cell respectively as shown in Fig.
2. The width of the ring of inhibition is given by j� 1 � � 2j. In all simulations and hardware implementation we used,
! = 1=32 � 0:03.

Feed-forward velocity-based inputs are computed as:

B i = (1 + � ê� j V) (4)

where, � is a velocity scaling factor, V is the velocity of rodent running and ê� j de�nes the unit vector pointing along
the � j direction. If l = 0 or � = 0 , a static repetitive triangular pattern will be formed over the neural lattice. Non zero l
and � lead to coupling of velocity with neural dynamics. l de�nes the shift in the outgoing weights based on Mexican-hat
connectivity and is �xed at 2, while the velocity scaling factor (� ) is �xed at 60. Following equation describes the dynamics
of rate-based neurons for computing both inputs:

�
dsi

dt
+ si = f

2

4
X

j

Wij sj + B i

3

5 (5)

where, f is a simple recti�cation non-linearity representing the neural transfer function such that: f (x) = x for x > 0, and
is 0 otherwise. si denotes the current synaptic activation of neuron i at time point t . � denotes the time constant of neural
response anddt denotes time step for numeric integration. Unless speci�ed the ratio �=dt was �xed at 16. Activity (S) of
all the neurons were recorded over each time step.

The grid cell model employed in this study is a rate-based mean-�eld continuous attractor network model, which is
directly adopted from Burak and Fiete [30]. In this model, the synaptic temporal dynamics in not explicitly modelled,
rather at every time step, the synaptic transfer is a scaled version of the neuronal output based on the connectivity weight
matrix. Nevertheless, the neuronal output has its own low-pass �ltering or integrator temporal dynamics.

Each layer of grid cell CAN model is initialized with randomized input (S0 2 (0; 1)) to all the cells. To ensure the
reproducibility of the results, the initial randomized inputs were saved. Initial constant feed-forward drive (V = 0 for �rst
100 input samples) ensured that a stable spontaneous activity pattern is formed over the neural lattice. The output of each
neuron in the network will be a grid cell like �ring in 2D open arena and will act as input to the place cell module.
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2.4 Place cell module: Single place cell dynamics

The dynamics of a place cell is given by:

pk =
LX

l =1

W ( l )
k s( l ) (6)

W ( l )
k represents the synaptic weight from a neuron of grid cell layer l to neuron k in the place cell network. s( l ) denotes

synaptic activation of a neuron in grid cell layer l . The total number grid cell layers utilized for generating place cell
response is given by parameter L which is set to �ve in this work. pk denotes the activity of place neuron k. 250neurons
are used in the place cell network and each neuron receives one input from each grid layer and it is linearly added
to generate the place cell activation. Layers in grid cell module have multiple spatial scales with unique grid �eld size
and spacing. In order to retain multiple spatial scales across place cell network, we divided the place cell neurons into
�ve clusters with 50 neurons present in each cluster. As grid-cell layers and place-cell clusters were employed to mimic
dorso-ventral structure, the number of place-cell clusters was chosen to be same as the number of grid layers. To impose
modularity of dorso-ventral connectivity, each place-cell cluster was endowed with different grid-to-place synaptic weights
such that one of the inputs to the place cell from a single grid layer was assigned higher weight compared to inputs from
other layers. Speci�cally, neurons present in place-cell cluster g receives input with the weight W (g)

k = 1 from layer g and
input weights from other layers W ( l 6= g)

k = 0 :25. Such modular weight organization re�ecting dorso-ventral connectivity
aids in endowing our framework to span multiple scales of place �eld sizes, in a manner that mimics the anatomy and
physiology of the entorhinal-hippocampal network.

The grid cell-to-place cell models often consider (e.g., Solstad et al. [28]) that a single place cell receives input
from multiple grid cells with heterogeneous properties. In addition, our model accounts for the biological dorso-ventral
organization of the grid-cell network, whereby grid cells in the dorsal entorhinal cortex have smaller grid �elds compared
to those in the ventral entorhinal cortex. However, in many of these grid cell-to-place cell models (e.g., Solstad et al.
[28]), the grid phase of all these grid cells projecting to a place cell are considered to be similar, which is not based on
physiological or anatomical evidence. To avoid such arti�cial constraints, we randomized the grid cell selection from each
layer, which constitutes an important novelty of our approach demonstrating that convergence of randomized grid-cell
inputs (of different scales and grid phase) could yield place-cell �ring �elds. The details of hardware implementation of
place cells is provided in Section 3.2.

2.5 Decoding module: Arti�cial neural network

Decoding module is implemented using a two layer fully connected neural network with 150hidden neurons and 2 output
neurons. Place cell activations, which are 250in this case, are fed as the input to the neural network and the network outputs
the estimated position of the rodent, ẑ = ( x̂; ŷ) in 2D Cartesian co-ordinate system. Activation of hidden layer neurons in
a network is given by:

a[H ] = f [H ]
�

W [H ] � X + b[H ]
�

(7)

where, a[H ] is a vector containing activation of all hidden layer neurons i.e, a[H ] = [ a[H ]
1 ; a[H ]

2 ; � � � a[H ]
150]T . a[H ]

i is the
activation of hidden layer neuron i . f [H ] is the non-linear activation function employed for hidden layer neurons and we
have used Recti�ed Linear Unit (ReLU) activation function as it can be easily implemented on hardware. b[h ] represents
the biases of hidden neurons. X is the input vector which contains activation of all place cells i.e, X = [ p1; p2; � � � p250]T .
W [H ] is the weight matrix containing weights from the input layer to the hidden layer and has dimension [150� 250].

Activation of output layer neurons is given by:

a[O ] = f [O ]
�

W [O ] � a[H ] + b[O ]
�

(8)

where, a[O ] is a vector containing activation of output neurons (a[O ] = [ a[O ]
1 ; a[O ]

2 ]T ). W [O ] is the weight matrix having
weights from the hidden layer to the output layer and has dimension [2 � 150]. b[O ] denotes the biases of output neurons.
f [O ] is the linear activation function employed for the output layer. The �nal position estimate of the rodent is given by:

ẑ = [ a[O ]
1 ; a[O ]

2 ] = [ x̂; ŷ] (9)

Training of the neural network was done of�ine using standard back-propagation algorithm [69] and the desired
weights and biases obtained are stored in the memory on FPGA. Hardware implementation details of the decoding module
is provided in Section 3.3.

2.6 Spatial map analysis of grid cell and place cell activity

Spatial rate maps of grid cell activity were computed by dividing the arena into 100� 100 bins. For a particular bin, the
activity (si ) of a speci�c grid cell (cell i ) is added for entire duration of the simulation. This activity is normalized by the
probability of �nding the rodent in the bin under consideration (occupancy). This process is repeated for all the bins to
make the spatial rate maps for an individual grid cell (cell i ). Likewise, spatial maps of all the grid cells in each layer were
computed. An identical process was employed for computation of the spatial rate map for all place cells using 40� 40bins.
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3 Hardware implementation
As mentioned earlier the top level architecture for spatial navigation has three distinct modules namely a grid cell module,
a place cell module and a decoding module. A grid cell module is made of multiple layers of grid cell networks responsible
for generating grid cell activity with different spatial scales. The output of the grid cell module is fed as the input to the
place cell network to generate the place cell activity which is ultimately given to the decoding module to estimate the
position of the rodent in a 2D arena. In this section, we provide the hardware architecture and implementation details of
grid cell, place cell and decoding modules. The grid cell and place cell modules are implemented using Verilog Hardware
Description Language (HDL) and the decoding module is realised using Vivado High-Level Synthesis (HLS).

3.1 Grid cell module

A grid cell module estimates the neuronal outputs of each grid cell of �ve layers with 900 neurons present in each layer.
Thus, the total number of neurons processed inside the grid cell module is 5 � 900 = 4500 neurons. Each layer has a
different spatial scale with distinct size and spacing of the grid �elds. The top level architecture of the grid cell module
is shown in Fig. 3. The architecture utilizes four main sub-modules, namely, a connectivity matrix, a temporary buffer, a
neuron array and a memory block. A connectivity matrix module stores the indices of other neurons from which a neuron
receives its inhibitory input for all 4500neurons. It is developed using �ve Read Only Memory (ROM) blocks to store the
indices for �ve layers. A detailed explanation of the connectivity matrix module is provided in Section 3.1.1. A temporary
buffer is used to store the current activation states of neurons and it is developed using the block Random Access Memory
(RAM) units with each of depth 900. A neuron array is the main computation block consisting of 60 neurons working
in parallel to estimate the neuronal activations of the next time step. We exploit the high speed of modern FPGA in our
architecture and thus, we do not have to physically implement all 4500neurons; rather, we only have 60 physical neurons
implemented on the hardware. We use the time-multiplexing approach and re-use 60 physical neurons implemented on
hardware to estimate activations of 4500neurons in time. This approach has low resource utilization and consumes less
area on digital hardware. A detailed explanation of a single neuron architecture that implements Eq. 5 is provided in
Section 3.1.2. The memory module shown in Fig. 3 is used to save the updated neuronal activations of the next time step.
It is developed using �ve block RAM units each of depth 900 to store the activations of �ve layers.

Fig. 3: Grid cell module architecture. The design consists of a connectivity matrix module to store the indices of neurons,
a temporary buffer to store current activation states of neurons, a neuron array to perform neural computation given by
Eq. 5 and a memory module to save the updated activations of neurons. Sequence of operations performed within the
architecture is illustrated in Fig. 4.

.

A �owchart in Fig. 4 demonstrates the sequence of operations performed within the grid cell module to estimate the
neuronal activations. In the �rst iteration, the contents of each RAM in the memory module are initialized with randomized
neurons' state variables. Then the Sel (Select) control signal of the multiplexer at the output of the memory module is made
1 to load the contents of layer 1 RAM in the memory module to the temporary buffer. After loading, each block RAM unit
in the temporary buffer holds current activation states of 900neurons present in layer 1. Then the current activation states
are updated inside the neuron array with 60 physical neurons parallelly. Each neuron in a neuron array receives a feed
forward velocity input (B ) and the inhibitory inputs from a certain set of surrounding neurons governed by the step-like
ring of inhibitory connectivity. The indices of these speci�c set of surrounding neurons are provided by the connectivity
matrix module. To extract the corresponding activations of these speci�c surrounding neurons we feed indices obtained
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from the connectivity matrix module as the read address to RAMs in the temporary buffer. Since we have 60 neurons
working in parallel, we use 60 RAM units in the temporary buffer and perform 60 parallel reads to obtain the current
activations of surrounding neurons concurrently. A neuron array updates the current activations of the �rst 60 neurons,
and since we can not store all the 60values concurrently in RAM inside the memory block, we use a parallel to serial block,
which converts parallel inputs to the serial output stream. The parallel to serial block is implemented using a shift register
in which the data is simultaneously loaded onto individual registers and then the block of data is sent out serially. The
output stream from the parallel to serial block is saved in the �rst 60 locations of layer 1 RAM in the memory module. In
the next stage, we update the activations of the next 60neurons in the neuron array and save them in the memory module.
This process of reading the current activation states from the buffer, updating the activations in a neuron array and saving
them back to the memory is repeated for 900=60 = 15 iterations to the update activation of all 900neurons in layer 1. After
layer 1 activations are updated, we repeat the above procedure from the start to update the activations of other layers. The
temporary buffer is loaded only at the start of the computation of a particular layer and it is not necessary to load in every
iteration. After completing the computations for all �ve layers, we use these updated activations stored in the memory
module to evaluate the place cell activations inside the place module.

Fig. 4: Flowchart illustrating the sequence of operations carried out by the grid cell module.

3.1.1 Connectivity matrix module

A neuron receives inhibitory inputs from a certain set of surrounding neurons which is governed by a step-like ring
of inhibitory connectivity. The indices of these speci�c set of surrounding neurons are stored in the connectivity matrix
module. Since each neuron has its unique input connectivity pattern with other neurons we have to store m( l ) � 900 indices
for all 900 neurons in a grid cell layer l with m( l ) number of inhibitory inputs or connections per neuron. In addition to
storing the indices of neurons which provides the input, we also store the index of the receiving neuron for which current
activation states are updated. The contents of the single ROM inside the connectivity matrix module is shown in Fig. (5).

The �rst row of the ROM is used to store the indices of the �rst 60 neurons and the following m( l ) rows are used to
store the indices of other neurons, which provides the input to the �rst 60 neurons. Following which, we store the indices
of the next 60 neurons and their corresponding indices of the input neurons in the subsequent rows. In this way, we
store the indices of all 900 neurons and their corresponding indices of the input neurons. The total depth of the ROM is
m( l ) � 15 + 15. 10 bits are used to store the index of a neuron and since we have 60 indices stored in a row the width of the
ROM is 600bits. At every clock cycle, a row is read from the ROM which gives the indices for 60neurons and these indices
are used as the read address of RAMs in the temporary buffer to extract their corresponding current activation states. Since
we have �ve layers with different spatial scales, the connectivity pattern of the neuron and the number of connection or
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Fig. 5: Contents of a single ROM in the connectivity matrix module.

inputs to a neuron is different for different layers. Thus, we make use of �ve ROM units in the connectivity matrix module
to store the indices of neurons present in each layer separately.

3.1.2 Neuron

The dynamics of a neuron in the grid cell network is given by Eq. 5. By re-arranging the terms, the activation of the neuron
i at time step t + 1 is updated as,

si t +1 = si t +
(sinputs � si t )dt

�
(10)

where, si t is the current activation state of the neuron i and sinputs is given by,

sinputs = f

2

4
X

j

Wij sj t + B i

3

5 (11)

For the “step-like” ring of inhibitory connectivity we can rewrite the above equation as,

sinputs = f

2

4B i �
X

j

!s j t

3

5 (12)

Thus a neuron i in the grid cell network receive two inputs: the inhibitory synaptic input from other neurons in a grid
layer and the feed-forward velocity based input. The architecture of a single neuron i in the neuron array is shown in Fig.
(6).

Fig. 6: Single neuron architecture.

Based on the directional preference of the neuron i , a multiplexer is used to select one of the preferred feed-forward
inputs BE , BW , BN and BS depicting east (� i = 0) , west (� i = � ), north (� i = �= 2) and south (� i = 3 �= 2) respectively.
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For instance, if a neuron has a preferred direction of North then BN is selected and given as the input B i by making Dir
(Direction) control signal as 3.

In the �rst cycle, the current activation of the neuron i whose activation needs to be updated is fetched from the
temporary buffer and is stored in the register (Reg 1) by making Enable (En) signal high. In the subsequent cycles, En
signal is made low and st gives the input activations of other neurons j which is multiplied with the weight ! . ! was set
to 1=32 as the multiplication with 1=32 can be implemented easily using a simple right shift operator. This saves the area
and resource utilized on digital hardware. The right shift operation is denoted by >> 5 in Fig. 6 which indicates that the
input is shifted 5 bits to the right, and is mathematically equivalent of multiplying the input with 1=32. Further, we use an
accumulator to accumulate all the inhibitory input from other neurons and then subtracted with the feed-forward velocity
input B i . The output is passed through a simple recti�cation non-linearity f which is implemented by performing a
comparison operation such that, f (x) = x for x > 0, and is 0 otherwise. The ratio dt=� is set to 1=16and the multiplication
of ds (cf. Fig. 6) with dt=� is performed using right shift operation which is indicated by >> 4. Finally, the output si t +1 is
stored in the memory block (cf. Fig. 3) of the grid cell module.

3.2 Place cell module

A place cell module uses activations of neurons in the grid cell network to estimate the place cell activations according to
Eq. 6. We randomly select the activation of a single neuron (s( l ) ) from each grid cell layer that provides input to a place
cell neuron. Thus, each place cell neuron receives one input from each grid layer and they are linearly added to estimate
the place cell activation. The architecture of the place module is shown in Fig. (7).

Fig. 7: Place cell module architecture. The grid cell activations from �ve layers are read and multiplied with their
corresponding weights. The output is then linearly added to obtain place cell activations which are stored in the place
cell RAM.

To start with, the grid cell activations from �ve layers stored in their respective RAMs in the memory block of the grid
cell module are read in every clock cycle. The read address for the RAMs are provided by a linear feedback shift registers
(LFSRs) to randomly pick a neuron from each of the �ve layers. A detailed explanation of LFSR is provided in Section 3.2.1.
The activations retrieved from RAMs are provided as input to the bank of multiplexers. As mentioned earlier, in order to
have multiple spatial scales across the place cell network, we divide the neurons in the place network into �ve clusters with
50 neurons present in each cluster. For estimating the activations of the �rst 50 place cells belonging to cluster 1, the input
weight from layer 1 is set at 1 (W (1)

k2 (1 ;50) = 1) and the input weights from other layers are set at 0:25 (W ( l 6=1)
k2 (1 ;50) = 0 :25) as

the multiplication with 0:25can be implemented easily using right shift operation. For this Sel1 of the topmost multiplexer
is made 1 to feed the activation of layer 1 directly to the adder and Sel (select) lines of other multiplexers are chosen such
that they output activations of other layers. The outputs of other multiplexers are multiplied with the weight 0:25 which
is implemented using the right shift operation. The output of the topmost multiplexer is fed directly to the adder which is
equivalent of multiplying with weight 1 and the output of other multiplexers are right shifted by two positions denoted
by >> 2 in Fig. 7 and then fed to the adder which is equivalent of multiplying with weight 0:25. Similarly, for estimating
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the activations of place cells present in cluster 2, the input weight from layer 2 is set at 1 (W (2)
k2 (51 ;100) = 1) and the input

weights from other layers are set at 0:25 (W ( l 6=2)
k2 (51 ;100) = 0 :25). For this case, the topmost multiplexer is made to select

activation of layer 2 by making Sel1 = 2 and the output of other multiplexers are con�gured to select activations of other
layers. In this way, depending on the cluster to which a place neuron belongs, we choose the Sel lines of the multiplexer
such that neurons in cluster i receives input from layer i with weight 1 and the input weight from other layers is 0:25. The
output of the adder is fed to the place cell RAM to store the place cell activations needed for further computation.

3.2.1 Linear feedback shift register (LFSR)

An LFSR is a shift register that has the feedback mechanism given by combining some of the outputs of the shift register
using XOR gates. The feedback points of an LFSR called taps are chosen based on the characteristic polynomial to ensure
maximal length sequence. The maximal length sequence of an LFSR gives2n � 1 random numbers before it repeats itself,
where n is the length of the shift register. The list of the characteristic polynomial that provides maximal length sequence
is given by Alfke [70]. An LFSR is a pseudo random number generator and the output sequence can be determined if the
initial seed and the characteristic polynomial are known. As we have �ve layers, we use �ve different seeds (cf. Fig. 7)
to generate �ve distinct output sequences. As a single grid layer RAM has the depth 900 to store the activations of 900
neurons in a grid cell layer, we use a 10 bit read address and thus 10� bit LFSR is implemented.

3.3 Decoding module

A decoding module is a simple two layer fully connected neural network with 150hidden neurons and 2 output neurons.
The training of this network is done of�ine and the desired weights and biases obtained from this training are stored in
the random access memory (RAM). As shown in Fig. 8, the place cell activations pk obtained from the place cell RAM (cf.
Fig. 7) forms the input to this module. Based on the layer select multiplexer, the Multiply-Accumulate (MAC) operation for
each input generates the output. The �rst layer input is the place cells and the learned weights which generate the matrix
multiplied output in a pipelined manner. The ReLU operation is applied to this output of the �rst layer using a comparator
and now this output is stored in RAM which gives hidden layer activations and forms the input to the second layer. We
use the same fully connected layer matrix multiplier hardware for generating the second layer output. Based on the control
Sel (select) line, we get the second layer weights and biases from memory and �nally generate the decoded output which
gives the estimated position of the rodent ( ẑ). This hardware logic is generated using Vivado High Level Synthesis(HLS)
tool.

Fig. 8: Decoding module architecture. A decoding module is a two layer neural network. Place cell activations (pk ) forms
the input to this neural network. Based on the Sel control signal, corresponding layer weights and biases are selected and
Multiply-Accumulate (MAC) operations are performed for each layer. The ReLU operation is carried out at the output of
the �rst layer and the output of the second layer gives the decoded output which denotes the estimated position of the
rodent (ẑ).

4 Results
4.1 Spatial navigation model

Our spatial navigation model takes inspiration from the brain and comprises of three distinct modules namely the grid-
cell, the place-cell and a decoding module. Grid cell activity is simulated using a 2D continuous attractor network model
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with some modi�cations. Traditionally, "Mexican Hat" type of connectivity is employed to govern the outgoing weights
of a neuron in the network. But implementing Mexican hat type of connectivity is challenging and computationally
very expensive on the hardware, hence we replaced the Mexican hat connectivity with a novel step-like ring of inhibitory
connectivity. The juxtaposition of these two type of connectivity is shown in the Fig. (9) by means of 1D and 2D connectivity.

Fig. 9: Substituting “Mexican-Hat” connectivity with "step-like" ring of inhibitory connectivity for grid cell activity using
CAN model. Synaptic connectivity and example rate map of grid cell activity using: (A) Mexican-Hat connectivity with
� = 16 ; (B) Step-like ring of inhibitory connectivity with �xed � 1 = 6 and variable � 2 = 10 (1st row), 12 (2nd row), 15 (3rd

row) and (C) Step-like ring of inhibitory connectivity with �xed difference between � 1 and � 2 , � 1 = 8 and � 2 = 12 (1st

row), � 1 = 10 and � 2 = 14 (2nd row). 1st column: 2-dimensional synaptic weight connectivity matrix for the cell marked
with dot in the centre of weight matrix. 2nd column: 1-dimensional slice from the centre of synaptic weight connectivity
matrix for cell marked in 1st column. 3rd column: Example rate map obtained using continuous attractor network model.

Each neuron in the grid cell network sends a very strong inhibitory input to the certain set of neurons governed either
by Mexican hat or step-like connectivity and the 2D weight representation gives the connectivity matrix for the neuron
marked with the red dot in the centre. The direction preference dependent asymmetry in the synaptic weight connectivity,
which is essential for continuous attractor model, is evident in Fig. 9. The 1D weight connectivity represents the slice from
the centre of the synaptic weight connectivity matrix for the neuron marked with the red dot. Fig. 9 also conveys the effect
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of parameters � 1 and � 2 on size and spacing of the grid �elds. From Fig. 9(B) it can be seen that by increasing the width
of the ring of inhibition, implemented by keeping � 1 constant and increasing � 2, increased the spacing between the grid
�elds. On the other hand, keeping the width of inhibition constant, implemented by �xing the difference between � 1
and � 2, and varying � 1 and � 2 changed the size of the grid �eld. This effect of the parameters � 1 and � 2 on size and
spacing of the grid �elds aids in bestowing different spatial scales across multiple layers of grid cell networks in the grid
cell module.

We then study the effect of network size on the grid cell activity using CAN model with step-like ring of inhibitory
connectivity in Fig. 10. The parameters � 1 and � 2 of the step-like connectivity were set to 7 and 10:5 respectively for
generating the rate maps shown in Fig. 10. It can be seen that the minimum network size required for the emergence of
grid cell activity is 30 � 30 neurons as smaller networks did not yield grid cell activity. We consider the network size to
be 30 � 30 for hardware implementation, as it is adequate to establish the grid like behavior and further increasing the
network size would increase resource utilization without enhancing performance in terms of grid-cell formation.

Fig. 10: Minimum network size for emergence of grid cell activity using CAN model with "step-like" ring of inhibition
connectivity. Example rate maps of cell 1� 3 for network size: (A) 10� 10; (B) 20� 20; (C) 30� 30; (D) 40� 40; (E) 50� 50
neurons.

Next, we introduced the place-cell module, a single layer of neurons integrating modular inputs from different layers
of grid cell networks, and the decoding module which is a neural network trained to predict the trajectory explored in the
arena, to complete our model of spatial navigation. As part of sensitivity analysis, we analyzed the impact of number of
layers of grid cell network and the number of place cells on decoding ef�ciency. The assessment of decoding ef�ciency was
made by plotting the mean squared error (MSE) between the original virtual trajectory and the predicted trajectory as a
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function of number of layers and number of place cells as shown in Fig. 11. The MSE between the original trajectory and
the predicted trajectory is de�ned as follows:

MSE =
1
K

KX

i =1

(zi � ẑi )2

where, zi is the position corresponding to the original trajectory and ẑi is the position corresponding to the predicted
trajectory returned by the decoding module and K is the number of samples used for evaluating MSE.

Fig. 11: Decoding ef�ciency for the grid cell-place cell model for spatial navigation. Mean squared error (MSE) between
the original virtual trajectory and predicted trajectory is plotted as function of: (A) Layers of grid cell networks in grid cell
module and (B) Number of place cells in the place cell module. For (A), the number of place cells in place module are �xed
at 250neurons while for (B), the number of grid cell network in grid cell module are �xed at �ve layers. The hidden layer
of decoding module had 150neurons. K = 30k samples are used for calculating MSE. MSE values plotted in both (A) and
(B) are the mean of errors over 50 iterations and the error bar denotes the standard deviation.

For Fig. 11(A), we estimated the MSE by varying the number of layers in the grid cell module and �xing the number of
place cells in place module at 250neurons. It can be seen that by adding additional layers in the grid cell module the MSE
reduces and to achieve a optimum decoding ef�ciency we use �ve layers in our model. For Fig. 11(B), we estimated the
MSE by varying number of place cells and �xing the number of layers in the grid cell module at �ve. The MSE reduces with
increase in the number of place cells and we used 250place cells in our model and for hardware implementation to achieve
a optimum decoding ef�ciency. The MSE values are the average error over 50 iterations and the error was evaluated for
K = 30k samples. The error bar in the plot denotes standard deviation.

4.2 Output of each module of the spatial navigation model

The output of each module in the proposed spatial navigation model is shown in Fig. 12. The rate maps of the grid cell
activity of �ve layers with different spatial scales is given by Fig. 12(A). Here we show the rate maps of three adjacent
grid cells. Multiple spatial scales are obtained by changing the parameters � 1 and � 2 for each layer. For hardware
implementation, the parameters (� 1; � 2) were �xed at (6:5; 9:5); (7; 10:5); (9:5; 12:5); (11; 14); (13:5; 18:5) for �ve layers
respectively. The output of grid cell module is given as the modular input to the place cell module and the rate maps of the
place cells are shown in Fig. 12(B). Neurons in the place cell network are divided into �ve clusters with 50 neurons present
in each cluster and we show a rate map of a single neuron present in each cluster. The output of the place cells are given as
the input to the decoding module to predict the position (ẑ). Decoding is implemented using a neural network with 150
hidden neurons and 2 output neurons. Neural network was trained on 10 virtual trajectories in square arena of size 3 � 3
m and tested on 10 other virtual trajectories in square arena and 1 trajectory in circular arena with diameter 3m. Out of 11
other trajectories tested we show the decoding result for �ve trajectories in square arena and 1 trajectory in circular arena
in Fig. 12(C).

4.3 FPGA implementation

The proposed spatial navigation model was implemented on Zynq UltraScale+ (xczu9eg-ffvb1156-2-e) �eld programmable
gate array. The resource utilization of the implemented design is summarized in Table 1.

All memory blocks used for storing the indices of neurons, activations of grid cells, place cells, weights and biases of the
neural network for decoding are mapped into embedded 18kb block random access memory (BRAM) resources available
on FPGA, using the Block Memory Generator (BMG) IP [71] provided by Xilinx. BRAMs shown in Table 1 indicates the
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